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Exercise 1 : 4 Pts

Let ψ1, ψ2, ψ3 be linear forms on R2[X] defined by

ψ1(P) = P(1), ψ2(P) = P′(0), ψ3(P) =
∫ 0

−1
P(t) dt.

1. Show that the family {ψ1, ψ2, ψ3} is a basis of the dual of R2[X].

2. Determine its antidual basis.

Exercise 2 : 2 Pts

Let f be a nonzero linear form on a vector space E of dimension n.
Prove that

dim(ker f ) = n − 1.

Good luck


